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Recently, Y. Imai, Y. Seto, S. Tanaka, and H. Yutani [1] defined the coef-
ficients Z(m, r) by

W 2 = 3 O D A I T P OF

Z(my ) =0 (mM<0or v <0o0rmc<zyp),
and proved that

x™ = i(%ﬂ ﬁ(m+i—r)>

r=1 =1

(x, m € N),
Z(m, )y = Z(my m+ 1 - r),

(2) ZZ(m, r)y =m m=21, »r=1, ..., m,

r=1

Zm+ 1, )y = m-2+ 2)Z(m, » - 1) + vrZ(m, r).

In this short note we will show that the coefficients Z(m, r) are just Euler's

numbers 4, , introduced in 1755 by

r-1
m+ 1
Am,r= E(_l)k< k )(I‘— k)m
k=0
Indeed, using the substitution J§ = » - k, from (1) follows
r r-1
kfm+ 1\, m jifm+ 1 .\
NG IR U RIS DN C P (M GO LR
K=1 r -k i=o0 J
i.e., that Z(m, r) = 4n, ».
In [1] the authors mentioned that it would be interesting to find a connec-
tion between the coefficients Z(m, ) and Stirling's numbers of the second kind

S(n, k). Since Z(m, r) = 4, ., we have the following relations (see, e.g.,

[2], [3])
Z(m, r)

i(—l)k<PZZfI Do -k -2+ 1S m-r-k+ 1),
k=0

- - _1ym=-r+k=-1(M ~ k
Zm, x) = 3 (DT (% - 1>k13(m, k),

KS(m 1) = 3 Z(m, r)<Z B ;)

r=1
If we take m = k in the last equality, we obtain
m
mtS(m, m) = 3. Z(m, »),
r=1

which is equivalent to (2), because S(m, m) = 1. This is Lemma 2 from [1].
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