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Let a be the first prime in A. P. (not necessarily positive), d the 
common difference, s the last prime in A* P . , n the number of primes in 
A. P. , and let the residue r be the smallest positive integer such that a = r 
(mod d); if we keep a constant and increase d, we may speak of a search 
limit on d, designated by a , ; if we keep d constant and increase a and s, 
we may speak of a search limit on s, designated by s . 

The standard magic square of order 3 with elements 1, 3, • • • , 9 and 
center element c = 5, may be defined as 
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and the standard magic square of order 4 with elements 1, 2, ••• , 16 and 
center square 
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whose sum is the magic constant C = 34, may be defined as 
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A magic square consisting of primes in A. Pe is formed by letting an increas-
ing sequence of 9 or 16 primes in A. P. occupy the locations corresponding to 
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the elements 1, 2, • • • , 9 or 1, 2, • • • , 16, respectively, in the standard 
magic squares. To avoid ambiguity, let | a | < ,s . 

The disposition of the prime factors and their powers in d to achieve 
maximum n was the topic for about 140 years and is reflected in four classical 
papers by Edward Waring (1734-1798) [15, p. 379], Peter Barlow (1776-1862) 
[ 1 , p. 67], Moritz Cantor (1829-1920) [3 ] , and Artemas Martin (1835-1918) 
J 8 ] . In 1910, E. B. Escott (1868-1946) [5, p. 426 and 2, p. 221] found a 
string of 11 primes in A. P. yielding one case of almost 16 primes in A. P. 
(except for two composite elements) 
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This sequence is treated with loving care in [9, pp. 152-54] and [14]. The 
concept of magic squares consisting of primes in A. P. may be extended to 
more or less magic squares of reversible primes [4] . 

The modern period of this interesting subject starts in 1944 with a paper 
by Victor Thebault (1882-1960) [13]. In 1958, V. A. Golubev (Kouvshinovo, 
USSR) [10, p. 348 and 6, p. 120] found a string of 12 primes in A. P. yielding 
two cases of almost 16 primes in A. P . (except for two composite elements 
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with C = 993472 and C = 1113592 . 

In 1963, V. N. Seredinskij (Moscow, USSR) [11, p. 121 and 12, p. 48] found 
a string of 14 primes in A.P. , yielding four cases of almost 16primes in A.P. 
(except for two composite elements). 
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with C = 1100852 and with C = 1341092, 
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with C = 1581332 and C = 1821572 . 

The magnitude of the last six C could be lowered essentially, when in 1966, 
the author found a string of 10 primes in A. P. yielding one case of almost 16 
primes in A. P . (except for two composite elements) with C = 30824, and in 
1967 [7J , found a string of 12 primes in A. P. yielding the only known case (so 
far) of almost 16 primes in A. P. (except for one composite element) with C = 
857548. 
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with C = 30824 and with C = 857548 . 

Time may be near to find the first entire sequence of 16 primes in A. P. 
Even more fascinating is the magic square of order 3. One is tempted 

to ask: Given any c, is there always a' magic square of 9 primes in A. P. 
belonging to this c? This question may once be answered in the positive. For 
c = 5 and 7, Golubev found 
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Nevertheless, the center element may not be unique, since we have also the 
magic square 
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discovered recently by Seredinskij. The author found three further magic 
squares with low c, namely 
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With the increasing scarcity of pr imes, one may wonder if there exists a 
magic square of order 3 and of primes in A. Pe whose smallest element is 
greater than, say, 8 million. In 1968, the author found 10 primes in A. P, 
starting with a = 8081737, and yielding the magic squares 
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Or one could ask for a magic square of order 3 and of primes in A. P . whose 
greatest element is greater than, say, 40 million. The author found recently 
9 primes in A. P . starting with 2657, ending with 49011617, and yielding the 
magic square 



1970] MAGIC SQUARES CONSISTING OF PRIMES IN A. P . 321 
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All we need for further research is a list of known results of at least 9 
primes in A. P. with headings d, r , a, c, s, n, and s (in million). Such a 
list is published in the Appendix for the first time. Compiled from the new-
est discoveries around the globe , the author will be pleased to keep them up 
to date. Two additional tables are available from the author.* 
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APPENDIX 
MULTIPLES OF d = 210, YIELDING AT LEAST 9 PRIMES IN A. P. 
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1050 on next page. 
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[Continued from page 280. ] 

his works. Also, Fibonacci numbers with prime subscripts need not neces-
sarily be primes (p. 83). 

In conclusion, we have in this publication a very readable work that fills 
a much needed place in the li terature. We now have an answer to the many 
requests for information on Leonard of Pisa which come to the Fibonacci 
Association. 
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